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SOME REMARKS ON NUMBER THEORY (Summary)
Paul Erdös

1) Hartman defines that two sequences a <a < . . . and b cb 2 < . . .
are far apart if for any A there are only a finite number oil
solutions of Ja i -b .I<A . He proves that there exists a set of real
numbers {a,}, a <Q1 Jof power X so that any two of the sequences[a . J, n=1,2, . . . are far apart.

We shone without using the axiom of choice that there exists a
set {at j of real numbers of power c so that any two of the
sequences [a ], n=1,2, . . . are far apart . In connection with the
proof the following question arises : Does there exist a field of
real numbers of power c no element of which is a Líouville number?
I could not decide this question .

2) Let 1„<a1<a,<. . .<a2-4n be 2n arbitrary integers . b,,b . .b
b

	

are the other c integers of the interval (1,4n) . I show that
tere exists an integer x so that there are at l east n/2 b's among
the integers a .+x . Scherk improved this to (2-á/2)n . It is not
'known whether This can further be improved to n .

3) I prove that the number of integers not exceeding n2
which fan be written as the product of two integers not exceeding n
is o(n ) . I also state the following conjecture : Let a1 <a2 < . . .< a,<n ;
b <b <. . .<b, <n be two sequences of integers for which all the
products ai j are different . Is it then true that

x. .y <. cn2 ?log n'
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