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In the present note we state without proofs some results concerning
additive functions, the proofs of which depend partially on statistical
methods. A function f(m) is called additive if for (mi, ms) = 1 one has
flmyms) = f(m) + f(ms). We assume furthermore that f(p*) = f(p)
and | f(#) | € 1 for every prime p. None of these assumptions is essential
but they simplify the statement of Theorem A.!
TuEOREM A. Let f(p) be such that

diverges. Then the density of integers for which
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is equal to =" f7 exp (—yDdy for any real w.

The proof depends on the following two lemmas.
LemMMA 1. Let py be the kth prime and let

fa(m) = f;Z;!f(ib)-
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Further let 5(k) be the density of the integers which satisfy the inequality
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Then

The proof depends on the use of Fourier transforms.

LemMmA 2. Letn = k°®, where (k) tends to © as k tends to arbitrarily
slowly.

Let Y(k, n) be the number of integers < n satisfying (1), and let 6(k, n) =
Y(k, n)/n.
Then
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In order to deduce this lemma from the previous one we need Brun's
method.

The proof of Theorem A now follows easily by elementary methods.?

From Theorem A, putting @ = 0, one immediately deduces the following
result:

The density of the integers which satisfy the inequality

5 f®
fom) <, 2
is equal to 1/s.

In the special case f(m) = »(m)(v(m) denotes the number of different
prime divisors of m) this was proved by Erdos.?
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